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ProBiNG — Continued from page 12 Gauss did, perhaps even in his 1785 paper. So far we have only
Peirce was suffering from a profound spiritual crisis, which was, ~ been able to examine the 1808 edition of the Essai sur la Théorie des
at least partially, resolved two years later (April 24, 1892) by a Nombres. There Legendre writes in the “ Avertissement” to the sec-
mystical experience, of which he said afterwards (1898) “If . . . a ond edition, that the proof of the law of quadratic reciprocity is
man has had no religious experience, then any religion not an  slightly perfected (a été perfectionnée a quelques égards), clearly
affectation is as yet impossible for him; and the only worthy course suggesting that the proof has been given in the first edition. On

is to wait quietly till such experience comes. No amount of specu-  the next page Legendre notes that much of what he wrote in the
lation can take place of experience” (1.655). This account is not first edition finds a close analogue in Gauss’ Disquisitiones, includ-
one of Cartesian intuition. The idea that the practice of philoso-  inga “direct and very ingenious demonstration” of the law of reci-

phy is not the place to look for “new truth” is not the view of  procity, which he includes in the new edition. Moreover, in the
Peirce, for whom abduction, the beginning of philosophy, is the reprinted preface to the first edition, Legendre refers to his 1785
only way to originate or advance knowledge. paper, noting as one of its three main accomplishments the dem-
NEW QUESTIONS onstration of the law of reciprocity: “la démonstration d'une loi
Question 14 générale qui existe entre deux nombres premiers quelconques, et

_ ‘ . qu’on peut appeler loi de réciprocité.”
On several occasions Peirce stresses that we should not underesti- This account, contra Peirce’s, is confirmed by W. W. Rouse Ball

mate the power of science. In an article written for The Christian A Short Account of the History of Mathematics, 4th ed., 1908, pp.
Register, “On Science and Immortality” (reprinted as CP 6.548-556), f1:23—24), who writeé: “The lawr%ffluadratic reciprocity, ;vhichlcgrl:-
he writes: ”. The }ustmjy of science affords illustrations enough of the | s any two odd primes, was first proved in this book Théorie
folly of saying that this, that, or the other can neverbefound out.... o5 Nombres, but the result had been enunciated in a memoir of
Legendre said of a certain proposition in the theory of numbers that, 1785 ‘Recherches d’Analyse Indéterminée.’ Gauss called the propo-

while it appeared to be true, it was most likely beyond the powers of ;i “the gem of arithmetic,” and no less than six separate proofs
the human mind to prove it; yet the next writer on the subject gave ..o t5 be found in his works.”

51}): mldependent. demonstrations of the Fhegrer}rlx. (P gﬁl f’ ; %%7) This leaves us with the following questions. First, did Legendre
Shortly after, Peirce repeats the same point In the unpublished Re- ;3064 claim at one point that proving the theorem was beyond
flections oln tbe Loglé of ‘Scifinc%léw.h?e he a%am m;tes Legendre as the powers of the human mind, as Peirce claims he did? It might
an exz;mp f' _Lege;? }lf 1}? S hn(:n? e :10"& resl,l aner pen;fcrzmﬁg be that some of the force of his language got lost in the transla-
rr::::ere i?gn};;}ri?rfat?callg foroafr;:xoree:ccc’:;nate? ‘:;ai‘g:g st?;nllge f:)rz tion. Admittedly, on page 393 of the second edition, Legendre does
him had ever done avepit as his opinion that}t'he demoz"\straﬁon ofa  Speak of “almost insurmountable difficulties” (“des difficultés

. one & h th P ition itself dtob presqu’insurmontables”). Second, who was the first to provide
certain proposition,—though the proposition itself seemed to be the proof? Third, was there a persistent rumor, still very much

true,— was probably beyond the powers of the human mind. Yet the oL h . .
very next important book on the subject published a few years later alive in the 19" century, that Legendre made the claim Peirce as-

- : : . cribes to him? Perhaps Legendre made the claim when he was
}g):;iizlﬁsgr&%fss zigtz.lisgéﬁorem' resting upon as many different still a young man, and that he proved himself wrong in 1785. Or

is this a case of a mistaken identity and is the statement made by
another mathematician around this time? We would also be
interested in photocopies of Legendre’s 1785 paper and of the
relevant section of the first edition of the Essai sur la Théorie des

Now here is the problem. The proposition in question is most likely

the law of quadratic reciprocity of which Carl Gauss provides six
proofs in his 1801 Disquisitiones arithmeticae. This proposition first
surfaces in Legendre’s “Recherches d’Analyse Indéterminée,” which  njombres as we ha tvetb ble to lav hand th
appeared in Hist. Acad. Roy. des Sciences, 1785, pp. 513-17. According o Ve not yet been able to fay hands on these.
to its English translation, however, Legendre’s claim is a far cry from Question 15'. . " ) )
thg extreme statement ascribed to h1m b'y Peirce. Legendre simply II; a ShE?rtt plecie\:fntllg?’d ) Nlt)/[tgsggrll ﬂ}f _Questloll(l of thefEx1sten:e
writes that the proposition is “quite difficult to prove,” and that /I ~ ©f an External World” (in ), Peirce makes a reference to
content myself with outlining the means for proving the theorem”  W.K. Clifford. Peirce writes the following:
(see The History of Mathematics: A Reader, edited by John Fauvel and “But what evidence is there that we can immediately know
Jeremy Gray. New York: Macmillan Press, 1988, p. 500). The translation only what is ‘present’ to the mind? The idealists generally treat
not only suggests that Legendre believed that the proposition was  this as self-evident; but, as Clifford jestingly says, ‘It is evident’ is
provable, but also that he had at least some idea of how to prove it. a phrase which only means ‘we do not know how to prove.””

To make matters even more interesting, there are good indica- Can someone help us identify the source of this quotation?
tions that Legendre actually formulated the proof well before
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