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Abstract: The non-structural model of a heat exchanger network randomly selects a position of
a node on hot and cold streams to generate a heat exchanger and an existing heat exchanger to
participate in the evolution. Despite the model being more random and flexible, this selection method
cannot easily find a good solution. In addition, the heat exchangers participating in the evolution
might not be involved in all streams in each evolutionary process. A stream that does not participate
in the evolution will have no significance to the current iteration. Therefore, many iterations are
required to make each stream participate in the evolution, which limits the evolution efficiency
of the optimization algorithm. In view of this shortcoming, this study proposes a participatory
evolutionary strategy for streams based on hot streams. The proposed strategy reorders the existing
heat exchangers on hot and cold streams and takes the corresponding measures to ensure that a heat
exchanger is selected for each stream to participate in the evolution in every cycle. The proposed
participatory evolutionary strategy for streams improves the global optimal solution for designs
based on non-structural models. The effectiveness of the proposed strategy is demonstrated in
two cases.

Keywords: heat exchanger network; non-structural model; evolutionary strategy for streams;
weighted evolution strategy

1. Introduction

The synthesis of heat exchanger networks in chemical processing systems has become
a challenging task as well as a research hotspot. From the perspective of the optimization
methods, existing studies can be roughly divided into pinch analysis and mathematical
programming [1]. The pinch analysis was first proposed by Linnhoff et al. [2] to analyze
the temperature distribution in the processing system based on thermodynamics and to
determine an appropriate pinch temperature and matches to achieve the maximum energy
recovery.

Mathematical programming methods can be divided into deterministic methods and
heuristic methods [3–5]. The deterministic methods include the Newton method [6–8],
the steepest descent method [9], and the branch and bound method [10]. These meth-
ods have a low efficiency when solving mixed-integer nonlinear programming problems
with non-convex properties and cannot meet the computing requirements of large-scale
systems. The heuristic algorithms include simulated annealing (SA) [11,12], Tabu search
(TS) [13], differential evolution (DE) [14], genetic algorithm (GA) [15], and particle swarm
optimization (PSO) [16]. The algorithms can use the existing empirical rules to search
for the global optimal solution in the domain randomly, which is highly operable and
computationally efficient. In recent years, an increasing number of methods have been
applied to the optimization problem of heat exchanger networks. However, the heuristic
algorithms are prone to premature convergence due to the lack of population diversity in
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the late evolution stages. Additionally, their complexity for large-scale systems increases
significantly, thus affecting the optimization efficiency and optimization precision.

To improve the quality and efficiency of the synthesis of the heat exchanger network,
Xiao et al. [17] proposed a new heuristic algorithm, namely the random walk algorithm
with compulsive evolution (RWCE). This new algorithm realizes the simultaneous opti-
mization of continuous and integer variables by adjusting the heat loads of heat exchangers.
The searching ability of the RWCE has been proved in Ref. [17]. However, during the
optimization process of the RWCE, it cannot be avoided that the optimization falls into
a local optimal solution in the later stage. Therefore, the optimization capability of the
heuristic algorithms applied to large-scale systems still needs to be improved, and the
global optimization performance of the algorithm has to be enhanced.

In this study, to enhance the optimization ability of continuous variables in the later
stage, a participatory evolution strategy based on the RWCE is proposed. In the original
RWCE, the ratio of participation in the evolution is controlled by a random value, which
may prevent several streams from changing in an iteration. To ensure that each stream has
an optimization chance, the proposed strategy could improve the evolution based on each
stream and guarantee that each stream has at least one optimization chance in the whole
process. Additionally, several different variants of this strategy are analyzed.

2. Model Introduction

The main objective of the heat exchanger network optimization problem is to find
an optimal HEN structure with the minimal total annual cost (TAC) for a given set of
hot and cold streams with their supply and target temperatures, flow rates, and heat
capacities, as well as hot and cold utilities with their temperatures and costs. In this work,
a non-structural model of a HEN is used. Taking a network with two hot and two cold
streams as an example, the non-structural model is considered, as shown in Figure 1. With
the potential matching nodes setting on the streams, the non-structural model generates
a heat exchanger by randomly matching hot and cold nodes. This non-structural model
can efficiently enlarge the solution domain [18]. When the nodes are chosen to generate a
heat exchanger, the stream participates in the evolution; thus, the evolution probability is
controlled by the algorithm.
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Figure 1. Sketch of the non-structural model.

In Figure 1, H1 and H2 represent two hot streams, C1 and C2 represent two cold
streams, and the utilities are placed at the end of the hot and cold streams; NGDC and
NGDH denote the positions of the heat exchangers present on each of the hot and cold
streams, respectively.

Objective Function

This work considers a non-structural model of a HEN using the minimum TAC as a
target. The mathematical description of HENs using the non-structural model is as follows.

The non-structural model consists of NH hot streams and NC cold streams. There are
NKH nodes on the hot streams and NKC nodes on the cold streams, where
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NKH = NH· NGDH and NKC = NC· NGDC. The minimal TAC is calculated accord-
ing to Equations (1) and (2).

minTAC

= min
Nh,c

∑
n=1

(
FG0 + CA0 Aβ

EX

)
+

NH
∑

i=1

(
FG1 + CA1 Aβ

CU,i + CCUQCU,i

)
+

NC
∑

j=1
(FG2 + CA2 Aβ

HU,j + CHUQHU,j)

(1)

N′h,c =
NKH

∑
n=1

NKC

∑
i=1

C′Nh,c (2)

where FG represents the fixed investment cost, CA represents the area cost coefficient of the
heat exchanger; A represents the equipment area in m2; β represents the area cost index;
Q represents the utility exchanger heat load in kW; C represents the cost coefficient; the
subscripts CU and HU indicate cold and hot utilities, respectively; z, i, and j represent the
heat exchanger number, hot stream number, and cold stream number, respectively; z ∈ Nh,c,
i ∈ NH, and j ∈ NC, where Nh,c represents the number of all heat exchangers that may exist
and Nh,c′ represents the actual number of heat exchangers; finally, C′ represents the 0–1
binary variable indicating the existence of a heat exchanger.

The relationship between the heat loads and the heat transfer area of a heat exchanger
is given by:

Qh,c =
(

Tin
h − Tout

h

)
× FCp,i =

(
Tout

c − Tin
c

)
× FCp,j (3)

Ah,c = Qh,c/(Ki,j × LMTDh,c
)

(4)

where h is the node on the hot stream, and c is the node on the cold stream; Tin and Tout

are the inlet and outlet temperatures in ◦C, respectively; FCp,i is the heat capacity of the ith
hot stream in kW/◦C; FCp,j is the heat capacity flow rate of the jth cold stream in kW/◦C;
Ki,j is the overall heat transfer coefficient (kW/(m2·◦C)) of the heat exchanger generated
by matching a node on the ith hot stream with a node on the jth cold stream; LMTDh,c is
the logarithmic mean temperature difference between the hot and cold streams, which is
calculated by:

LMTDh,c =
[(

Tin
h − Tout

c

)
−
(

Tout
h − Tin

c

)]
/ ln

[(
Tin

h − Tout
c

)
/
(

Tout
h − Tin

c

)]
. (5)

In particular, when Thin − Tcout = Th
out − Tc

in, the arithmetic mean temperature differ-
ence can be used instead of the logarithmic mean temperature difference; thus Equation (5)
can be rewritten as:

LMTDh,c =
[(

Tin
h − Tout

c

)
+
(

Tout
h − Tin

c

)]
/2 (6)

3. Improved RWCE Optimized HEN
3.1. RWCE Principle

The basic idea of the RWCE [17] is to generate the initial HEN structure randomly, take
the reduction of the TAC as a direction of the compulsive evolution, and change randomly
the heat duty of the heat exchanger. This is done to achieve the simultaneous optimization
of continuous variables and integer variables. When a local optimal value is obtained,
the weak solution is randomly accepted with a certain probability to skip a local optimal
solution and find the better optimal solution. The main steps are as follows.

(1) Random initialization
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The initial population M, which includes n individuals Zi, i = 1, 2, 3, . . . , n, where each
individual corresponds to a HEN structure, is randomly generated. The initial population
is expressed as follows:

M = Zi ×Qh,c = 0 (7)

HM = 0 (8)

CM = 0 (9)

where Qh,c represents the heat load of the heat exchanger generated by a node h on the hot
stream and a node c on the cold stream, and h = 1, 2, ..., NH·NGDH, c = 1, 2, ..., NC·NGDC;
HM represents the number of nodes on the hot stream, and CM represents the number of
nodes on the cold stream.

(2) Evolutionary stage
a. Random walking evolution of each individual in the population: The individual

whose heat load is larger than zero is evaluated, and the random walking evolution for the
individuals in the population is controlled by means of the evolution probability. This is
written as follows:

(Qh,c)it =
(

Q′h,c

)
it−1

(10)(
Q′h,c

)
it
= (Qh,c)it + ∆Qh,c (11)

∆Qh,c = Qmax × (1− 2αh,c)∆Lβh,c (12)

(Qh,c)it+1 =
(

Q′h,c

)
it

(13)

where it is the iteration number; Qh,c is the initial heat load of an individual at the current
iteration; ∆Qh,c is the heat load change due to the walk; Qh,c

′
is the heat load after the

individual’s random walk; α and β are random numbers uniformly distributed between
zero and one; 1–2αh,c indicates the walking direction of the individual; and ∆L represents
the maximum walking step.

During the evolution process, the minimum heat load is taken as a critical criterion of
the existence of the heat exchangers, and it is given by:

Q′h,c =

{
Q′h,c i f Q′h,c > ∆Lη

0 else
(14)

where η is the retention coefficient that refers to the ratio of the minimum heat load that
can be retained to the maximum walking step ∆L.

b. Generation of new heat exchangers: A pair of nodes on the hot stream and another
pair on the cold stream are randomly selected and checked to determine whether they
match (a heat exchanger). If there is no matching between them, a heat exchanger with a
certain heat load is randomly generated at a certain probability at the position given by:

u = NKH ·γ1, v = NKC·γ2 (15)

Q = ∆Qmax2·γ (16){
Qu,v = Q i f (Qu,c = 0, and, Qh,v = 0)

u = NKH ·γ1, v = NKC·γ2 else
(17)

where γ, γ1, and γ2 are random numbers uniformly distributed between zero and one; u is
a node on the hot stream; v is a node on the cold stream; and Qp,q is the heat load of the
newly generated heat exchanger at nodes u and v.

(3) Individual selection
If the TAC in the current iteration is lower than that of the previous iteration, the

HEN structure of the current iteration is accepted, and the heat load and node number
corresponding to the current structure are taken as the initial structure of the next iteration.
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If the TAC is not lower than that of the previous iteration, the HEN structure of the current
iteration is accepted as the initial structure of the next iteration with a certain probability δ.
The selection process is defined as follows:

(Qh,c)it+1 =


(

Q′h,c

)
it

i f ((TAC′)it < (TAC)it)(
Q′h,c

)
it

i f (r < δ )(
Qh,c

)
it

else

(18)

where r is a random number uniformly distributed between zero and one.
(4) Termination criterion
The HEN structure with the lowest TAC in every iteration is recorded, and the iteration

procedure is terminated when the following termination condition is satisfied:

(Qh,c)it+1 =


(

Q′h,c

)
it

i f ((TAC′)it < (TAC)it)(
Q′h,c

)
it

i f (r < δ )(
Qh,c

)
it

else

(19)

3.2. Participatory Evolution Strategy for Streams

Compared with other optimization methods, the RWCE optimizes the HEN and can
obtain a lower TAC. However, it requires a long computational time, and the optimization
efficiency needs further improvement. According to a previous work [17], the existing heat
exchangers are chosen randomly to participate in the evolution with a certain probability
in each evolution process.

During the evolution process, the probability of participating in the evolution de-
creases at each iteration, which ensures that each evolving individual has a sufficiently
high survival probability. Thus, there is no guarantee that each node on a stream will be
selected to participate in the evolution during each evolution iteration. Considering the
case of 13 hot and 7 cold streams, the node selection probability in the evolution process is
set to 0.2, and the probability that each stream is not selected for each evolution is analyzed.

Figure 2 shows the relationship between the evolution probability and the number
of heat units. As shown in Figure 2, in the early stages of evolution, the number of heat
exchangers fluctuates significantly, and the probability of the selected streams varies. In
the later stages of evolution, the number of heat exchangers is basically constant. At this
time, the probability that each stream is not selected is fixed at about 0.74. For instance,
in the case study considering 13 hot and 7 cold streams, in the later stages of evolution,
approximately only three streams out of the 13 hot streams can be selected for evolution,
while the remaining streams do not participate in the current iteration. Therefore, this
iteration has no significance for a stream that has no heat exchanger selected for the current
evolution. This approach requires a large number of iterations to ensure that each stream
evolves once, which reduces the evolutionary efficiency. In view of this limitation, this
study adopts a participatory evolutionary strategy for streams based on hot streams. The
proposed strategy takes adequate measures to ensure that at least one heat exchanger on
each stream is selected to participate in the evolution in a certain period. The proposed
strategy ensures that each stream has a sufficiently high opportunity to participate in the
evolution and improves the evolutionary efficiency of the algorithm.
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The main strategy is to take measures in the evolution of the existing matches. Before
an individual evolves, the number of heat exchangers already present on each stream is
identified. Renumbering is then performed for the existing heat exchangers, and the new
numbers are in a one-to-one correspondence with the original numbers. After every ITG1
iteration, adequate measures are taken to ensure that one heat exchanger on each stream
is selected to participate in the evolution; other iterations are randomly involved in the
evolution with the original evolutionary probability. The algorithm can not only give the
population a certain direction after the individual has evolved to a certain extent but can
also keep the population in the original random evolution direction during other iterations.
It also retains random characteristics after a chosen number of iterations. Furthermore,
ITG1 denotes the number of iterations after which the participatory evolution strategy for
streams should be performed.

In the following, we consider a case with 13 hot and 7 cold streams [16] (Case 1),
whose flow parameters are listed in Table 1. The TAC curve of the proposed strategy
under the parameters NGDH = 10, NGDC = 10, ∆L = 100, η = 0.2, δ = 0.01, Qmax = 100, and
ITG1 = 1000 is shown in Figure 3.
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Table 1. Flow parameters of Case 1.

Stream Tin (K) Tout (K) FCP (kW K−1) h (kW K−1)

H1 576 437 23.1 0.06
H2 599 399 15.22 0.06
H3 530 382 15.15 0.06
H4 449 237 14.76 0.06
H5 368 177 10.7 0.06
H6 121 114 149.6 1.00
H7 202 185 258.2 1.00
H8 185 113 8.38 1.00
H9 140 120 59.89 1.00
H10 69 66 165.79 1.00
H11 120 68 8.74 1.00
H12 67 35 7.62 1.00
H13 1034.5 576 21.3 0.06
C1 123 343 10.61 0.06
C2 20 156 6.65 1.20
C3 156 157 3291 2.00
C4 20 182 26.63 1.20
C5 182 318 31.19 1.20
C6 318 320 4011.83 2.00
C7 322 923.78 17.6 0.06
HU 927 927 − 5.0
CU 9 17 − 1.0

Annual cost of the heat exchanger = 4000 + 500 A0.83 $ year−1

Annual cost of the hot utility = 250 QHU $ kW−1·year−1

Annual cost of the cold utility = 25 QCU $ kW−1·year−1

As shown in Figure 3, after adopting the proposed participatory evolution strategy for
streams, a structure with a lower TAC can be obtained faster than when using the original
RWCE. Thus, the proposed strategy can effectively improve the optimization efficiency
and optimization quality of the algorithm.

3.3. Participatory Evolutionary Strategy Based on Hot Streams

When optimizing HENs using the basic RWCE, it has been found that the basic RWCE
only takes evolutionary measures of the current individuals without guaranteeing that
individuals will be accepted after each evolution. However, after adopting the proposed
participatory evolutionary strategy, the heat loads of the heat exchangers on each stream
change. Nonetheless, the cost of the current iteration cannot be guaranteed to be lower than
the cost of the previous iteration. In most cases, if the structure cost of the current iteration
is higher than that of the previous iteration, the current structure will not be accepted.
Therefore, the participatory evolutionary strategy can change the evolution direction only
to a certain extent but cannot avoid a local optimum. Accordingly, to fully exploit the
role of the direction guiding of the participatory evolutionary strategy, further measures
are taken for an individual’s selection, and the structure after a mandatory move by the
proposed strategy every ITG2 iterations, where ITG2 denotes the number of iterations after
which the structure that is obtained through the proposed strategy is accepted.

The participatory evolutionary strategy is performed periodically so that the HEN
optimization can not only retain random characteristics of the original evolution method
but also give a certain direction to the random evolution method and rapidly find a
structure with a lower TAC. The RWCE with the participatory evolutionary strategy is
used for optimization in two case studies. The flow parameters of Case 2 are listed in
Table 2. The timely solution TAC curve and the best TAC curve obtained through the
participatory evolutionary strategy are shown in Figure 4, while the comparison between
the strategy and the original RWCE is shown in Figure 5. YCX in these figures represent
the original RWCE.
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Table 2. Flow parameters of Case 2.

Stream Tin/◦C Tout/◦C FCP/kW ◦C−1 h/kW ◦C−1

H1 180 75 30 2.0
H2 280 120 60 1.0
H3 180 75 30 2.0
H4 140 40 30 1.0
H5 220 120 50 1.0
H6 180 55 35 2.0
H7 200 60 30 0.4
H8 120 40 100 0.5
C1 40 230 20 1.0
C2 100 220 60 1.0
C3 40 190 35 2.0
C4 50 190 30 2.0
C5 50 250 60 2.0
C6 90 190 50 1.0
C7 160 250 60 3.0
HU 325 325 − 2.0
CU 25 40 − 1.0

Annual cost of the heat exchanger = 8000 + 500 A0.75 $ year−1

Annual cost of the hot utility = 80 QHU $ kW−1·year−1

Annual cost of the cold utility = 10 QCU $ kW−1·year−1
Energies 2021, 14, x FOR PEER REVIEW 9 of 17 
 

 

 
Figure 4. Timely TAC curve and the best TAC curve obtained through the participatory evolution-
ary strategy. 

 
Figure 5. TAC curve of each stream evolution strategy and TAC curve of the original algorithm for 
Case 1. 

The TAC curves of the participatory evolutionary strategy and of the original RWCE 
for Case 2 are shown Figures 6 and 7, respectively.  

Figure 4. Timely TAC curve and the best TAC curve obtained through the participatory evolutionary
strategy.



Energies 2021, 14, 8392 9 of 17

Energies 2021, 14, x FOR PEER REVIEW 9 of 17 
 

 

 
Figure 4. Timely TAC curve and the best TAC curve obtained through the participatory evolution-
ary strategy. 

 
Figure 5. TAC curve of each stream evolution strategy and TAC curve of the original algorithm for 
Case 1. 

The TAC curves of the participatory evolutionary strategy and of the original RWCE 
for Case 2 are shown Figures 6 and 7, respectively.  

Figure 5. TAC curve of each stream evolution strategy and TAC curve of the original algorithm for
Case 1.

The TAC curves of the participatory evolutionary strategy and of the original RWCE
for Case 2 are shown Figures 6 and 7, respectively.

Energies 2021, 14, x FOR PEER REVIEW 10 of 17 
 

 

 
Figure 6. Timely TAC curve of the participatory evolutionary strategy for Case 2. 

 
Figure 7. TAC curve of the participatory evolutionary strategy and TAC curve of original algorithm 
for Case 2. 

As shown in Figure 7, the RWCE adopting the participatory evolutionary strategy 
for streams can provide a better solution, which can significantly improve the solution 
efficiency and performance of the standard RWCE. In the participatory evolutionary strat-
egy for streams y, the TAC increases sharply after the forced structure acceptance. How-
ever, every time the TAC increases, the original evolution direction is changed, and the 
local optimal value is discarded, thus enhancing the global search ability of the RWCE. 

3.4. Weighted Evolution Strategy 
Based on the presented TAC curves of the participatory evolutionary strategy for 

streams, a lower TAC of the HEN structure can be obtained more rapidly after adopting 
the proposed strategy. However, the algorithm is prone to premature convergence in the 
later optimization stages, and it is difficult for it to avoid a local optimum and find a better 
HEN structure. Therefore, this study analyzes the variation in the individual heat loads 
for streams without utility exchangers in the later stages of the HEN evolution. 

As shown in Figures 8 and 9, the energy that can be recycled for each stream is fixed. 
In the early evolution stages, the number of heat exchangers is variable, even if there is no 
utility exchanger on the stream. In the later evolution stages, the number and the heat 

Figure 6. Timely TAC curve of the participatory evolutionary strategy for Case 2.

Energies 2021, 14, x FOR PEER REVIEW 10 of 17 
 

 

 
Figure 6. Timely TAC curve of the participatory evolutionary strategy for Case 2. 

 
Figure 7. TAC curve of the participatory evolutionary strategy and TAC curve of original algorithm 
for Case 2. 

As shown in Figure 7, the RWCE adopting the participatory evolutionary strategy 
for streams can provide a better solution, which can significantly improve the solution 
efficiency and performance of the standard RWCE. In the participatory evolutionary strat-
egy for streams y, the TAC increases sharply after the forced structure acceptance. How-
ever, every time the TAC increases, the original evolution direction is changed, and the 
local optimal value is discarded, thus enhancing the global search ability of the RWCE. 

3.4. Weighted Evolution Strategy 
Based on the presented TAC curves of the participatory evolutionary strategy for 

streams, a lower TAC of the HEN structure can be obtained more rapidly after adopting 
the proposed strategy. However, the algorithm is prone to premature convergence in the 
later optimization stages, and it is difficult for it to avoid a local optimum and find a better 
HEN structure. Therefore, this study analyzes the variation in the individual heat loads 
for streams without utility exchangers in the later stages of the HEN evolution. 

As shown in Figures 8 and 9, the energy that can be recycled for each stream is fixed. 
In the early evolution stages, the number of heat exchangers is variable, even if there is no 
utility exchanger on the stream. In the later evolution stages, the number and the heat 

Figure 7. TAC curve of the participatory evolutionary strategy and TAC curve of original algorithm
for Case 2.



Energies 2021, 14, 8392 10 of 17

As shown in Figure 7, the RWCE adopting the participatory evolutionary strategy for
streams can provide a better solution, which can significantly improve the solution effi-
ciency and performance of the standard RWCE. In the participatory evolutionary strategy
for streams y, the TAC increases sharply after the forced structure acceptance. However,
every time the TAC increases, the original evolution direction is changed, and the local
optimal value is discarded, thus enhancing the global search ability of the RWCE.

3.4. Weighted Evolution Strategy

Based on the presented TAC curves of the participatory evolutionary strategy for
streams, a lower TAC of the HEN structure can be obtained more rapidly after adopting
the proposed strategy. However, the algorithm is prone to premature convergence in the
later optimization stages, and it is difficult for it to avoid a local optimum and find a better
HEN structure. Therefore, this study analyzes the variation in the individual heat loads for
streams without utility exchangers in the later stages of the HEN evolution.

As shown in Figures 8 and 9, the energy that can be recycled for each stream is fixed.
In the early evolution stages, the number of heat exchangers is variable, even if there is
no utility exchanger on the stream. In the later evolution stages, the number and the heat
loads of the heat exchangers on the streams without utility exchangers remain almost
constant. Therefore, to avoid unnecessary iteration steps in the later evolution stages and to
improve the evolution efficiency, a weighted evolution strategy is proposed. That is, after
the number of iterations in the later stages of the evolution exceeds ITGZ, certain measures
are taken on the evolution of the existing individuals to identify the streams without
utility exchangers. After each ITG3 iteration, the streams without utility exchangers do
not participate in the evolution, while the remaining streams are involved in the evolution
with the participatory evolutionary strategy for streams, which forces the structure to be
accepted after the current iteration. Furthermore, ITG3 is set to be a multiple of ITG2 so as to
retain the algorithm ability to avoid falling into local optimums and prevent unnecessary
evolutionary steps to a certain extent as well as achieve a strong global optimization ability.
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3.5. Improved RWCE by the Proposed Strategies

The improved RWCE combined with the above-described strategies is applied to the
HEN synthesis. The evolution steps of the existing matches are as follows:

Step 1: Determine the position of the existing heat exchanger, renumber the existing
heat exchanger, and establish a one-to-one relationship with the original node number of
the exchanger;

Step 2: In the later evolution stages, evaluate the streams without utility exchangers
when the number of iterations exceeds ITGZ;

Step 3: Allow random walks for all individuals within the population:
a. In the early evolution stages, every time ITG2 is iterated, at least one heat exchanger

per stream is selected to participate in the walk. In the remaining iterations, normal random
walking is performed according to the original probability.

b. In the later evolution stages, every time ITG3 iterates, a stream with no utility
exchanger does not walk, and for the remaining streams certain measures are taken to
select at least one heat exchanger per stream to participate in the walk. In the other
iterations, random walking continues according to the original probability.

The improved steps of the individual selection are as follows:
Step 1: In the current iteration (it), if the TAC is not lower than that of the previous

iteration, the HEN structure and the heat load of each node are accepted; the heat load of
the structure is taken as the initial heat duty for iteration (it + 1) as follows:

(Qh,c)it+1 = (Qh,c
′)it . (20)

Step 2: In the subsequent iterations, the algorithm continues searching for a lower
TAC through the basic random walk operation. In the current iteration (it), if the TAC is
lower than that in the previous iteration, the structure of the HEN and the heat loads of
each node are accepted, and the structure is taken as the initial topology for the iteration (it
+ 1). Otherwise, the best individual is not updated, and the structure of the HEN and the
heat loads of the former iteration are maintained, according to:

(Qh,c)it+1 =

{
(Qh,c

′)it i f ((TAC′)it < (TAC)it
(Qh,c)it else

(21)

Step 3: If in the current iteration (it) the TAC is not lower than the network cost in
the previous iteration, the structure of the HEN and the heat loads of the exchangers are
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accepted with a certain probability δ as the initial structure and initial heat loads for the
iteration (it + 1). The specific operation is as follows:

(Qh,c)it+1 =


(
Qh,c

′)
it i f ((TAC′)it < (TAC)it)(

Qh,c
′)

it i f (r < δ )(
Qh,c

)
it

else
(22)

where r is a random number uniformly distributed between zero and one; δ is the prob-
ability of updating the HEN structure and accepting a different solution when the TAC
in iteration (it + 1) is larger than that in iteration (it). The specific flowchart is shown in
Figure 10.
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4. Case Study Verification
4.1. Case 1

Most of the optimization methods presented in the literature are based on the stage-
wise superstructure model proposed by Yee et al. (1990) [19,20]. Escobar et al. [21]
used the isothermal mixing hypothesis, and the TAC was 1,537,086 USD/year. Pavão
et al. [22] used the improved particle swarm optimization algorithm to obtain a TAC of
1,516,482 USD/year. Bao et al. [23] used the RWCE with an optimum protection strategy
for the best topologies and obtained a TAC of 1,462,363 USD/year. In this study, the RWCE
with the participatory evolutionary strategy for streams is used; the TAC is 1,432,904
USD/year, and the corresponding structure is shown in Figure 11. Using the participatory
evolutionary strategy for streams, the obtained TAC value is 1,411,131 USD/year, and the
structure with this TAC is shown in Figure 12. The results for Case 1 are shown in Table 3
along with other results taken from the literature for the same case study.
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Figure 11. Result obtained through the original RWCE.

Table 3. Comparison of the optimized results for Case 1.

Unit QHU (MW) QCU (MW) Total Area (m2) TAC (USD/year)

Escobar
(2013) 21 1938.00 106.93 5551.08 1,537,086

Pavão (2016) 21 1938.00 106.93 5389.01 1,516,482
Bao (2018) 22 2077.51 250.435 5053.2 1,462,363
Figure 11 23 1848.60 17.30 4998.2 1,432,904
Figure 12 21 1831.30 0 5010 1,411,131
Figure 13 21 1830.8 0 5009.7 1,396,348
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Figure 12. RWCE optimization results of the participatory evolutionary strategy for streams.
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Figure 13. RWCE optimization results using the weighted evolution strategy.

Comparing the solutions of Figures 11–13, it can be observed that, when using the
participatory evolution strategy, the utilities on H11 and C3 are eliminated, which makes
the TAC decrease to 21,773 USD/year. When adding the weighted evolution strategy to the
RWCE, two heat exchangers matching on the H1 promote the TAC to decrease to 1,396,348
USD/year, and the result shown in Figure 13 is lower by 66,015 USD/year. The quantified
data confirm the effectiveness of the proposed strategy.

4.2. Case 2

The main characteristic of Case 2 is that the differences among the stream data induce
a matching trend so that the final configurations are similar. Among the previous works,
Bjork and Nordman [24] used the mathematical programming method to transform the
HEN and obtained a TAC of 1,530,063 USD/year. Peng and Cui [25] used the modified
simulated annealing algorithm and obtained a TAC of 1,527,240 USD/year. Pavão et al. [26]
used a two-layer optimization method combining the simulated annealing algorithm and
the particle swarm optimization algorithm and obtained a TAC of 1,525,394 USD/year. Re-
cently, a combined algorithm was used by Pavão et al. [12] to solve this case. Their obtained
TAC was 1,507,290 USD/year. In this study, when the original RWCE was used, a TAC of
1,519,791 USD/year was obtained, which is shown in Figure 14. After the participatory
evolutionary strategy was added to the RWCE, the configuration changed. The number of
heat exchangers matching on C1 changed from 2 to 1, the TAC decreased from 1,519,791
to 1,518,969 USD/year, and the specific configuration of the TAC is shown in Figure 15.
Furthermore, when using the weighted evolution strategy, the cost is 1,511,549 USD/year
for the structure shown in Figure 16.
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Figure 14. Results obtained using the original RWCE.
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Figure 15. RWCE optimization results of the participatory evolutionary strategy for streams.
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Figure 16. RWCE optimization results using the weighted evolution strategy.

The optimization results and comparisons for Cases 1 and 2 show that the improved
RWCE algorithm can obtain better results than other optimization methods under the same
objective function, constraints, and cost coefficients. The proposed RWCE algorithm based
on the participatory evolutionary strategy for streams and the weighted evolution strategy
can be used to effectively improve the optimization efficiency and optimization quality of
HENs.

5. Conclusions

The non-structural model considered in this work has strong freedom and flexibility.
Thus, an improved RWCE with two novel strategies is proposed to increase the degrees of
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freedom of the non-structural model. The participatory evolutionary strategy enhanced the
performance of the algorithm by giving a certain direction to the random evolution method,
which is beneficial to find rapidly a structure with a lower TAC. Furthermore, the weighted
evolution strategy is designed to avoid convergence in the later optimization stages. The
combined strategies do not affect the freedom and flexibility of the non-structural model
but enable a further optimization of the non-structural model to find better solutions more
rapidly. The proposed strategy can achieve a lower TAC and a higher efficiency than other
existing methods.
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